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Abstract. Intuitionistic fuzzy set theory and intuitionistic fuzzy oper-
ators have many applications on Engineering, Space sciences, Social science
and Genetic (See[6, 8, 9, 12, 15]). There is no study by using intuitionisitc
fuzzy set theory and intuitionistic fuzzy operators on how optimum pesti-
cide and fertilization must be applied on an agricultural area on which a
smart system is built. For this reason, in this paper, the optimum amount
of pesticide and fertilization that trees need is examined according to 7
periods (Periods which are determined by regarding the periods of a tree).
Another essential point is to protect plants from the effect of pesticide and
fertilization which are given to plants more than they need. Also, this
method paves the way for farmers to make more economical agricultural
and use less chemical substances than traditional agricultural.
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1. Introduction

The concept of fuzzy sets was introduced by Zadeh [17] as an extension of crisp
sets by expanding the truth value set to the real unit interval [0,1]. Let X be a
set. The function µ → [0, 1] is called a fuzzy set over X. A fuzzy set is denoted
by (FS(X)). For, x ∈ X is the membership degree of x and the non-membership
degree is 1− µ(x) . Intuitionistic fuzzy sets have been introduced by Atanassov [1],
as an extension of fuzzy sets. If X is a universal set then an intuitionistic fuzzy set
A, the membership and non-membership degree for each x ∈ X respectively, µA(x)
(µA : X → [0, 1] and νA(x) (νA : X → [0.1] such that 0 ≤ µA(x) + νA(x) ≤ 1.
The class of intuitionistic fuzzy sets on X is denoted by IFS(X). While the sum of
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membership degree and non-membership degree is 1 on FS, this sum is equal to 1
or less than 1 on IFS.

2. Preliminaries

Definition 2.1 ([5]). Let L = [0, 1] . Then

L∗ =
{

(x1, x2) ∈ [0, 1]
2

: x1 + x2 ≤ 1
}

is a lattice with

(x1, x2) ≤ (y1, y2) :⇐⇒ ”x1 ≤ y1 and x2 ≥ y2”.

For (x1, x2), (y1, y2) ∈ L∗ the operators ∧ and ∨ on (L∗,≤) are defined as foll-
lowing:

(x1, x2) ∧ (y1, y2) = min(x1, x2), max (y1, y2),

(x1, x2) ∨ (y1, y2) = max
1

(x1, x2), max( y1, y2),

sup J = (sup {x ∈ [0, 1] : (y ∈ [0, 1] ((x, y) ∈ J)} , inf {y ∈ [0, 1] : (x ∈ [0, 1])((x, y) ∈ J)} ,

inf J = (inf {x ∈ [0, 1] : (y ∈ [0, 1])((x, y) ∈ J)} , sup {y ∈ [0, 1] : (x ∈ [0, 1] ((x, y) ∈ J)} .

Definition 2.2 ([1]). An intuitionistic fuzzy set (shortly IFS) on a set X is an
object of the form

A = {〈x, µA(x), νA(x)〉 : x ∈ X},

where µA(x), (µA : X → [0, 1]) is called the “degree of membership of x in A ”,
νA(x), (νA : X → [0, 1])is called the “ degree of non-membership of x in A ”, and
µA and νA satisfy the following condition:

µA(x) + νA(x) ≤ 1, for all x ∈ X.

Definition 2.3 ([7]). Let X be a universal set and A ∈ IFS(X), α, β ∈ [0, 1] . Then

Eα,β(A) = {〈x, β(αµA(x) + 1− α), α(βνA(x) + 1− β)〉 : x ∈ X} .

Definition 2.4 ([9]). Let X be a universal set and A ∈ IFS(X), α, β, ω ∈ [0, 1] .
Then

Zωα,β (A) = {〈x, β(αµA(x) + ω − ω.α), α(βνA(x) + ω − ω.β)〉 : x ∈ X}.

Definition 2.5 ([4]). Let X be a universal set and A ∈ IFS(X), α, β ∈ [0, 1] . Then

Fα,β (A) = {〈x, µA(x) + απA (x) , νA(x) + βπA (x)〉 : x ∈ X}.

Definition 2.6 ([11]). Let X be a universal set and A ∈ IFS(X), α, β ∈ [0, 1] .
Then

Bα,β (A) = {〈x, β(αµA(x) + 1− α)νA(x), α((1− β)µA(x) + νA(x))〉 : x ∈ X}.
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Figure 1.

3. The application of intuitionistic fuzzy modal operator Eα,β on
agriculture

Intuitionistic Fuzzy Set Theory [2, 3] makes appropriate algorithms on the analysis
of complex systems and decision processes because intuitionistic fuzzy set theory
takes natural variables instead of random variables on uncertainty models.

We use the regulation operator (INT) [16] to separate an agricultural area in
different parts because every part of it does not need same amount of pesticide and
fertilization. The operator which is written below for this purpose is used.

The regulation operator (INT) on fuzzy set A creates fuzzy set.

(3.1) A′ = INT (A)

is a membership function such that
if 0 ≤ µA(x) ≤ 0.5, then µA′(x) = µINT (A)(x) = 2µA(x)2,

if 0.5 ≤ µA(x) ≤ 1, thenµA′(x) = µINT (A)(x) = 1− 2(1− µA(x))2.

The regulation operator decreases the fuziness value of an element of set A if the
membership function µA(x) is smaller than 0.5 and increases fuziness value of an
element of set A if the membership function µA(x) is bigger than 0.5. The image
of agricultural area is enhanced by the help of this operator after process that is
mentioned above. The results of operators µA′ (x) and Eα,β are compared in [10]
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Figure 2. Different elevations on the land

Shortly, respectively, the level of Basic Pesticide-Fertilization and the level of Risk
Pesticide-Fertilization is marked BPFL and RPFL.

Let agricultural area have same properties like Figure2. Assume that, different
kinds of trees are grown on every different parts of this agricultural area. On this
circumstance, agricultural area is separated different parts according to tree variety,
direction and elevation.

According to the definiton of intuitionistic fuzzy modal operator Eα,β , member-
ship degree is smaller than β and non-membership degree is smaller than α. In
addition, the values α and β are between 0 and 1, the values of α and β are inde-
pendent from each other.

The problem of optimum pesticide-fertilization regarding to different parts of agri-
cultural area is easily solved by the help of some properties Eα,β of modal operator
[10].

For this reason, assume that, same kind of trees are grown on agricultural area
that has different directions and elevations. In this situation, variables are directions
and elevations on agricultural area. Naturally, this two characteristic properties
(directions, elevations) create different rate of pesticide-fertilization that trees need,
but the amount of pesticide and fertilization that trees need is same. So, critical
value can be determined. Because, trees which are not on the same part of area do
not have critical value. This critical value is marked by β which belongs to Eα,β .
Critical value creates risk and this variable is marked α.
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Figure 3.

Figure 4.

From Figure 3, the level of Basic Pesticide-Fertilization BPFL=0.4, the level of
Risk Pesticide-Fertilization RPFL=0.3, system interferes step by step to measure
the amount of appropriate pesticide and fertilization on different parts according
to fourth column in Figure 3. Specially, we take the values of RPFL and BPFL
respectively 0.3 and 0.4 for the agricultural area. If the conditions of agricultural
area change, then chosen of RPFL and BPFL easily is made.

According to Figure 4, if, BPFL and RPFL is not close, values change fastly when
the amount of pesticide-fertilization that different parts of agricultural area need is
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Figure 5.

close to RPFL. The speed of values decreases and respond in a controlled manner if
values are close to BPFL.

In Figure 4, system fastly rules out the value of RPFL in order to get appropriate
amount of pesticide-fertilization after this process, BPFL makes an important role
to decrease the speed of system.

According to the relationship between Eα,β and Eβ,α operators, the dual of Eα,β
is risky and necessity value of amount of pesticide that is given from soil and leaves.

It is understood in Figure 5, these values decrease the speed of pesticide. It is
easily seen that system regulates the amount of pesticide-fertilization to decrease
the effect of chemical substances.

The interpretation for Figure 4 and Figure 5, the demand of pesticide-fertilization
decreases when effect of pesticide decreases on plants.

4. Application of some intuitionistic fuzzy modal operators on
agricultural areas

In this paper, our assumption is to separate agricultural areas into different parts
like separation of images into parts to enhance [16]. In addition to other authors’
results, we use the result of two-dimensional [13, 14] image enhancement to separate
agricultural areas into different parts by using intuitionistic fuzzy modal operator
Eα,β .

Some variables are used to separate agricultural areas. Such as; temperature, the
density of afforestation, the kind of trees, the properties of soil, the moisture of soil,
the slope of area, the moisture of air etc. are different values. We choose the kind
of soil, moisture of air, and the moisture of soil from other values.
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Figure 6.

Figure 7.

In the light of this purpose, we use enhancement algorithms which is defined
on membership function and intuitionistic fuzzy modal operators Zωα,β , Fα,β , Bα,β .
These operators are used to make appropriate arrangements.

Intuitionistic fuzzy modal operators give appropriate algorthims on different ar-
eas. These operators also are used to estimate the agricultural parameters. Pesticide
and fertilization must be made step by step to protect the plants from chemical effect.

Intuitionistic fuzzy modal operators are used to determine the level of pesticide-
fertilization. Two or more steps are used on agricultural areas. In Figure 6, the
sloping area is demonstrated.

It is seen that in Figure 7, after these processes, every parts are separated regard-
ing to variables.

The definition of Zωα,β(A), Fα,β(A), Bα,β(A) and some values of α, β, ω are used

to calculate the number of steps. In addition, α, β, ω ∈ [0, 1] and the values of α, β, ω
do not affect each others.

5. Using of intuitionistic fuzzy modal operators on agricultural Area

It is given that the interpretation of Zωα,β(A), Fα,β(A), Bα,β(A) modal operators
for pesticide and fertilization of trees in Graphic 1, Graphic 2 and Graphic 3. It is
easily seen from graphics that it is not appropriate to use Fα,β(A), Bα,β(A) modal
operators for calculating appropriate pesticide-fertilization because these operators
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Figure 8.
Graphic 1 Model of pesticide-fertilization with Fα,β(A)

Figure 9.
Graphic 2 Model of pesticide-fertilization with Bα,β(A)

are not useful to stabilize the level of pesticide-fertilization. It is seen that Zωα,β(A)
modal operators can be used. For example; trees have different RPFL because
of their location in the area. So; Zωα,β(A) interferes the system to give optimum
amount of pesticide-fertilization according trees which are in different parts of area.
That is why, in this paper, Zωα,β(A) is used to calculate the appropriate ratio of
pesticide-fertilization.

The interpreation of Graphic 1; numbers which are on the vertical of the graphics
represent the RPFL of trees on the same area. In steps, Fα,β(A) interferes the
system but it is not successful to stabilize BPFL.

In Graphic 2; Bα,β(A) also does not stabilize RPFL of trees because every trees
need BPFL, but Bα,β(A) is not successful in the Graphic 2.

According to Graphic 3; it is easily seen that Zωα,β(A) stabilizes BPFL of trees.
Because, trees which have different RPFL are given pesticide and fertilization until
all of them reaches BPFL.
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Figure 10.
Graphic 3 Model of pesticide-fertilization with Zωα,β(A)

6. Using of Zωα,β to calculate models for agricultural areas

It is separated into 7 groups: First Period, Second Period, Third Period, Fourth
Period, Fifth Period, Sixth Period, Seventh Period regarding to tree periods, flower
and fruit period.

Every periods has different time that tress need pesticide-fertilization. It is nec-
essary to determine the level of pesticide-fertilization for every plant periods.
α in Zωα,β(A) is used as a parameter for plant period. Such as; for 6th Period,

α ≤ 0.2 and for 2nd Period, α ≥ 0.5.
The need of water of 2nd Period is more than other periods. In addition, 2nd

Period does not need pesticide-fertilization so, plants must be watered little by little
and often.

The level of 0.65 is based on the study. The way of problem solution is given
below.

First of all, choosing of α, β, ω in Zωα,β(A) is given below to answer essential need
of pesticide-fertilization.

Theorem 6.1 ([10]). The partial sum sequence of coefficients of n-th degree of
Zωαβ (A) is convergent.

Proof.
(6.1)(
Zωαβ (A)

)n
=

{〈
x, αnβnµ (A) + βω (1− α)

n−1∑
i=0

(αβ)
i
, αnβnν (A) + αω (1− β)

n−1∑
i=0

(αβ)
i

〉
: x ∈ X

}
Let a = βω (1− α) , r = αβ. Then sequentially, we obtain

(6.2) Sk = a

k∑
i=0

ri = a+ ar + ...+ ark,

rSk = ar + ar2 + ...+ ark+1,

Sk = a
1− rk+1

1− r
,

Sn−1 = a
1− rn

1− r
.
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So it is obtained that:

for Sn−1,
a

1− r
=
βω (1− α)

1− αβ
.

It is calculated in the same way for non-membership degree:

αω (1− β)

1− αβ
.

�

Remark 6.2. The required coefficient of moisture (RM) is calculated for kind of
soil and plant:

the membership degree of
(
Zωαβ (A)

)
is
βω (1− α)

1− αβ
,

the non−membership degree of
(
Zωαβ (A)

)
is
αω (1− β)

1− αβ
,

rm =
1 + βω − 2αβ

2 (1− αβ)
.

Example 6.3. Let X be an agricultural area. α in Zωαβ (A) represents Plant Period

and |β − ω| represents the require of pesticide and fertilization of soil. Then, the
require of pesticide and fertilization decreases, if |β − ω| is small, require of pesticide
and fertilization increases, if |β − ω| is big.

Example 6.4. For Zωαβ (A) modal operator let α = 0.1, β = 0.9, ω = 0.9. The
require level of moisture is calculated below for this area. It is easily seen that in
Figure 11. The result given below is obtained by Theorem 1:

βω (1− α)

1− αβ
=

0.9× 0.9 (1− 0.1)

1− (0.1× 0.9)
=

0.81× 0.9

1− 0.09
=

0.729

0.91
= 0.801098.(6.3)

It converges membership degree.(6.4)

αω (1− β)

1− αβ
=

0.1× 0.9 (1− 0.9)

1− (0.1× 0.9)
=

0.09× 0.1

1− 0.09
=

0.009

0.91
= 0.009801.(6.5)

It converges non-membership degree.(6.6)

(6.7) rm =
1 + βω − 2αβ

2 (1− αβ)
=

0.801098 + 0.990199

2
= 0.8956485.

It is shown that in Graphic 4; required moisture for the solid is calculated.
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Figure 11. Graphic 4 The example of calculation level of required moisture

Figure 12. Graphic 5 The graphic of pesticide-fertilization of 6 Period.

In Graphic 5, 6th period is studied. It is shown that it is calculated appropriate
moisture for agricultural area by using Zωαβ (A) modal operator. Respectively, the

value of α, β, ω is 0.1 , 0.5 and 0.5, for Zωαβ (A).
It is easily seen that pesticide-fertilization is made in three steps from Graphic 5.

Pesticide and fertilization are made fastly in first step. This process goes slowly in
other steps. It is found in Figure 5 appropriate pesticide and fertilization for sixth
period.

Example 6.5. Third period is examined in Graphic 6. The absorption of pesticide
and fertilization in second period is not good. So, more steps must be made to
absorp more pesticide and fertilizer. So, 5 steps are used for third period. The
value α = 0.5, β = 0.9, ω = 0.5 in Zωαβ (A) modal operators for second period. The
absorption of pesticide and fertilizer goes down so; the required of pesticide and
fertilizer that plants need decrease. Pesticide and fertilization are made in healthy
and economical way by the help of this process.

Example 6.6. The result is found in Graphic 7, if α = 0.3, β = 0.9, ω = 0.5 are
chosen for seventh period.
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Figure 13. Graphic 6 : Pesticide-fertilization for 3rd Period

Figure 14. Graphic 7 : Pesticide-fertilization for 7th Period

Figure 15. Graphic 8 : Pesticide-fertilization for 3rd Period

Example 6.7. The result is found in Graphic 8, if α = 0.6, β = 0.9, ω = 0.45 are
chosen for third period.

The critical level of pesticide and fertilization is different for every parts of agri-
cultural area, in this paper, we separate agricultural are into several parts regarding
to temperature, soil moisture, air moisture and slope of area.

In general situation, we consider that agricultural area has same kind of plant.
Eα,β modal operator was used in paper [10], Zωα,β modal operator can be used for
watering agricultural area regarding to slope, temperature, air moisture and soil
moisture in spite of using Eα,β . The system that is recommended in this paper
paves the way for using less chemical substance and more economical than traditional
agricultural methods.
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Figure 16.
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Figure 17.130
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In Figure 16, it is the table of the amount of pesticide-fertilization, if α = 0.1,
β = 0.5, ω = 0.5 in Zωα,β are chosen. In Figure 17, it is the table of the amount of
pesticide-fertilization, if α = 0.3, β = 0.9, ω = 0.5 in Zωα,β are chosen.
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